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Impact of chiral transitions in quantum friction
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We theoretically investigate the role of chiral transitions in the quantum friction force that acts on a two-level
atom that moves with relative velocity v parallel to a planar metallic surface. We find that the friction force has a
component that is sensitive to the handedness of the atomic transition dipole moment. In particular, we show that
the friction force can be enhanced by an atomic transition with a dipole moment with a certain handedness and
can almost be suppressed by the dipole moment with the opposite handedness. Curiously, the handedness of the
transition dipole moment that boosts the ground-state friction force is the opposite of what is classically expected
from the spin-momentum locking. We explain this discrepancy in terms of the interaction between positive- and
negative-frequency oscillators.
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I. INTRODUCTION

Casimir forces have garnered immense theoretical [1,2]
and experimental [3–6] interest, experiencing a remarkable
resurgence in recent years. In particular, it has been predicted
that fluctuation-induced friction forces can occur between two
noncontacting bodies moving relative to each other, even at
zero temperature. This peculiar behavior arises due to the in-
fluence of quantum fluctuations [7–11]. The past few decades
have seen much work carried out on the investigation of
quantum friction [7–33], which remains a captivating and not
yet fully understood phenomenon. For instance, the influence
of relativistic effects, non-Markovian dynamics, and unstable
regimes where the force fails to reach a steady state are still
active areas of research and debate [33–36].

A physical picture of quantum friction is that when two
bodies are set in relative motion, the “image” dipoles lag
behind the original fluctuations, resulting in energy loss. For
instance, for an atom moving parallel to a metal surface, the
energy transfer can be visualized as the atom inducing dipoles
in the metal. These induced dipoles, due to the lack of motion
and the dispersive properties of the material, lag behind the
atom’s fluctuations. This lag results in a continuous transfer of
energy from the atom to the metal slab, which is perceived as
energy loss from the atom’s perspective. The friction force is
mostly controlled by the material dispersion and dissipation.

Several approaches have been considered to characterize
the friction force, such as the Born-Markov approximation
[13], linear-response theory [12], and time-dependent pertur-
bation theory [24]. The measurement of quantum friction is
extremely challenging in systems with moving bodies, and
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for this reason experimental confirmation of this effect is still
lacking.

Chiral quantum optics has emerged as a novel paradigm
to tailor the quantum light-matter interactions, providing
unprecedented control over the directionality of these inter-
actions [37]. Chiral emitters coupled to waveguides are the
basis of several protocols of quantum networks [38] and have
been investigated theoretically and experimentally [39–41].
The chiral nature of these interactions enables the develop-
ment of nonreciprocal devices such as circulators [42–44],
optical isolators [45], and quantum gates [46,47], opening
up exciting possibilities for advanced quantum technologies.
Furthermore, the exploration of chirality in the quantum realm
can be a powerful tool for optical manipulation [48].

The purpose of this work is to elucidate the role of atomic
polarization, in particular the role of chiral transitions, in the
quantum friction force. To this end, we consider a two-level
system (qubit) moving with velocity v parallel to a metal-
lic surface. Using a quasistatic approximation, we present a
detailed study of the impact of the atomic transition dipole
moment on the friction force, discuss the role of surface
plasmons, and analyze the effect of material dissipation. In-
terestingly, we find that chiral-type atomic transitions can
be the dominant friction mechanism. As intuitively expected,
the handedness of a chiral-type atomic transition can greatly
influence its contribution to the friction force due to the
strong sensitivity of the coupling with surface plasmons. In-
triguingly, we find that the atomic transitions that make the
dominant contribution to the friction force have a handedness
that is opposite to that expected from classical considerations.
We offer an explanation for this property by taking into ac-
count the fact that the interactions that lead to friction are
associated with nonconserving energy terms.

This article is organized as follows. In Sec. II, we describe
the theoretical model of the two-level system that interacts
with a metallic surface. In Sec. III, we describe the theoretical
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FIG. 1. A two-level atom moves with velocity v at distance d
from a metallic surface.

formalism and provide general formulas for the friction force
in terms of the system Green’s function. Then, in Sec. IV
we obtain closed analytical expressions for the friction force
considering a quasistatic model for the metallic substrate and
the weak-dissipation limit. In addition, we present a detailed
numerical study that highlights the impact of the atomic po-
larization and of the substrate loss. A summary of the main
results is provided in Sec. V.

II. THEORETICAL MODEL

We consider a scenario in which a two-level atom (qubit)
travels with velocity v parallel to a thick metallic surface (see
Fig. 1). The atom moves along the x axis and is at distance d
from the metal interface. The total Hamiltonian of the system
can be written as

Ĥ = Ĥat. + Ĥfield + Ĥint., (1)

where Ĥat. = h̄ω0σ̂z/2 represents the Hamiltonian of the atom.
The atomic states are denoted by |e〉 (excited state) and
|g〉 (ground state). These states are separated by the energy
Ee − Eg = h̄ω0, where ω0 denotes the atomic transition fre-
quency. Here, σ̂z=|e〉〈e| − |g〉〈g| denotes the atomic inversion
operator. The term Ĥfield represents the Hamiltonian of the
plasmonic field, given by

Ĥfield =
∑
ωnk>0

h̄ωnk

2
(â†

nkânk + ânkâ†
nk ), (2)

where the sum is taken over positive oscillation frequencies
ωnk and â†

nk (ânk) denotes the creation (annihilation) opera-
tor of the bosonic field, satisfying the commutation relation
[ânk, â†

nk′ ] = δk,k′ . The term Ĥint. = −p̂d · Ê′(r′
0) represents

the interaction Hamiltonian between the two-level atom and
the plasmonic field. Here, r′

0 is the time-independent position
of the atom in the comoving frame. The atom’s position in the
laboratory frame is r0 = r′

0 + vt .

The quantized fields in the laboratory frame (comoving
with the plasmonic slab) can be written in terms of the system
electromagnetic modes as [28,49–51]

F̂(r, t ) =
∑

ωnk>0

√
h̄ωnk

2
[ânk(t )Fnk(r) + â†

nk(t )F∗
nk(r)]. (3)

We use six-vector notation such that F = (E H)T is formed
by the electric- and magnetic-field components. Strictly
speaking, the modal expansion of the quantized field ap-
plies only to systems formed by nondissipative materials.
However, as further discussed later, our derivations can be
readily extended to lossy material platforms as the calculated
friction force is expressed in terms of the system Green’s
function.

The six-vector Fnk(r) = fnk(z)eik·r denotes a generic elec-
tromagnetic mode of the metal-air system associated with the
frequency ωnk. The electromagnetic modes are normalized
as explained in Ref. [49]. Due to the continuous translation
symmetry of the system in the xoy plane, the electromagnetic
modes have a space dependence in the x and y coordinates
of the type eik·r, with k = kxx̂ + kyŷ ≡ (kx, ky, 0) being the
in-plane wave vector. The field envelope fnk depends only on
the z coordinate.

We neglect all the relativistic corrections (Galilean ap-
proximation), and in addition, we identify the electric-field
operator Ê′ in the frame comoving with the atom with the
electric-field operator Ê in the laboratory frame: Ê′(r′

0) ≈
Ê(r0). Thus, the magnetoelectric coupling arising from the
relative motion is neglected. Within these conditions, the in-
teraction Hamiltonian is given by

Ĥint. � −
∑
ωnk>0

√
h̄ωnk

2
(γ̃ σ̂− + γ̃∗σ̂+)

× (ânkFnk(r′
0)e+ik·v + â†

nkF∗
nk(r′

0)e−ik·vt ). (4)

We used Fnk(r0) = Fnk(r′
0)e+ik·v. For convenience, the (gen-

eralized) dipole moment operator p̂d = γ̃∗σ̂+ + γ̃ σ̂− is de-
fined using a six-vector γ̃ = [γ 0]T , which is written in
terms of the standard transition dipole moment (vector) γ .
The atomic raising and lowering operators are defined in a
standard way: σ̂+ = |e〉〈g| and σ̂− = |g〉〈e|.

III. OPTICAL FORCE

In the electric dipole approximation, the optical force
operator is

F̂m = p̂d · ∂mF̂, m = x0, y0, z0. (5)

Using the Heisenberg equation of motion (−ih̄∂t A =
[H, A]) and the Born-Markov approximation, one can charac-
terize the dynamics of the inversion operator σ̂z and bosonic
operator ânk following the same procedure as in Refs. [28,49].
Assuming that at the initial time the field has no quanta, we
find that

Fm = Pe(t )�1 + [1 − Pe(t )]�2, (6)
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where Pe(t ) determines the probability of the excited state and

�1 = Re
∑
ωnk>0

ωnk
γ̃∗ · ∂mFnk ⊗ F∗

nk · γ̃

ω′
nk − ω0 − i0+ ,

�2 = Re
∑
ωnk>0

ωnk
γ̃ · ∂mFnk ⊗ F∗

nk · γ̃∗

ω′
nk + ω0 − i0+ , (7)

where ω′
nk = ωnk − k · v is the Doppler-shifted frequency in

the reference frame of the two-level atom. The electromag-
netic modes can be evaluated either at r0 or at r′

0, as the force
is identical in both cases. It should be noted that in the absence
of relative motion the force reduces to the result in Ref. [49].

We can rewrite Eq. (6) as follows:

Fm = 2Pe(t )Re{γ̃∗ · ∂mG+
v

∣∣
ω=ω0+i0+ · γ̃}

+ 2[1 − Pe(t )]Re{γ̃∗ · ∂mG−
v

∣∣
ω=ω0+i0+ · γ̃}, (8)

with

G+
v (ω) =

∑
ωnk>0

ωnk

2

1

ω′
nk − ω

Fnk(r) ⊗ F∗
nk(r0),

G−
v (ω) =

∑
ωnk>0

ωnk

2

1

ω′
nk + ω

F∗
nk(r) ⊗ Fnk(r0). (9)

Following Ref. [28], the time evolution of the probability
of the excited state is determined by

Pe(t ) =Pe(0)e−(�−+�+ )t

+ �−

�− + �+ (1 − e−(�−+�+ )t ), (10)

where Pe(0) is the probability of the initial state and �± are
transition rates from the excited (ground) state to the ground
(excited) state, respectively. Note that for moving systems
�− does not need to vanish [28]. Related transition rates for
the qubit’s internal dynamics were previously discussed in
Refs. [27,33]. Note that even for an atom initially prepared
in the ground state, the excited-state probability approaches
a nonzero value, Pe(t = ∞) = �−/(�− + �+) > 0, in the
steady-state regime. This nonzero value for Pe can be viewed
as heating of the particle in the nonequilibrium steady state,
analogous to a related effect discussed in Ref. [32].

Appendixes A and B show that the optical force
can be written in terms of the system Green’s function
[Eqs. (B6)–(B8)]. Thus, even though the previous derivation
assumed that the material is nondissipative, the result given by
Eqs. (B6)–(B8) holds true even in dissipative scenarios. The
justification is that the response of a lossy system in the upper-
half frequency plane may be approximated arbitrarily well by
the response of a conservative system [52,53]. Furthermore,
in Appendix C, we derive explicit formulas for the decay rates
�± in terms of the system Green’s function [Eq. (C2)].

Our study is focused on the friction force, i.e., on the lateral
force component collinear with the direction of the relative
motion (m = x). Appendix B demonstrates that for v > 0 the

friction force can be written explicitly as

Fx = 2Pe(t )

2π

∫ ∞

−ω0/v

dkxRe{γ̃∗ · ikxGkx (r0, r0, ω0 + kxv) · γ̃}

+ 2[1 − Pe(t )]

2π

∫ −ω0/v

−∞
dkx

× Re{γ̃∗ · ikxGkx (r0, r0, ω0 + kxv) · γ̃}. (11)

In the above equation, Gkx is the Fourier transform of the
system Green’s function (see Appendix B) in the variable
x − x0. It is implicit that ω0 has a small, positive imaginary
component (i0+). The above formula is totally general apart
from the Born-Markov and Galilean (nonrelativistic) approx-
imations. It generalizes the theory of Ref. [28] to arbitrary
dissipative platforms.

In the absence of relative motion (v = 0+), the lateral force
vanishes identically when the two-level atom is in the ground
state (Pe = 0) [49]. Other restrictions on the lateral force are
discussed in Ref. [54].

As γ̃ has the form γ̃ = [γ 0]T , the friction force depends
only on the 3 × 3 subarray (electric part) of the Green’s
function tensor GEE . For a substrate described by the relative
permittivity ε(r) the Green’s function satisfies

∇ × ∇ × GEE −
(ω

c

)2
ε(r)GEE = ω2μ013×3δ(r − r0).

(12)

Following Refs. [49,55], the Green’s function in the
air region can be decomposed as GEE = GEE ,0 + GEE ,s,
where the free-space Green’s function GEE ,0 = (∇∇ +
k2

0 I )eik0r/(4πε0r) is associated with the self-field and GEE ,s

represents the scattering part of the Green’s function. Here,
k0 = ω/c is the free-space wave number. The tensor GEE ,s is
determined by a Sommerfeld-type integral,

GEE ,s|z=z0 = 1

(2π )2ε0

∫∫
dkxdkyeik|| ·(r−r0 )

× e−2γ0d

2γ0
C(ω, k||). (13)

In the above equation, γ0 = −i
√

(ω/c)2 − k|| · k||, with k|| =
kxx̂ + kyŷ being the transverse wave vector, and d is the dis-
tance of the atom to the interface (z = 0). The tensor C is
defined by

C(ω, k||) =
[

1t + i

γ0
ẑ ⊗ k||

]
· R(ω, kx, ky)

×
[

iγ0k|| ⊗ ẑ +
(ω

c

)2
1t − k|| ⊗ k||

]
, (14)

where 1t = x̂ ⊗ x̂ + ŷ ⊗ ŷ is the transverse identity tensor and
R(ω, kx, ky) denotes the 2 × 2 matrix that links the tangential
components of the reflected and incident fields at the substrate
interface (z = 0),(

E ref
x

E ref
y

)
= R(ω, kx, ky) ·

(
E inc

x

E inc
y

)
(15)

for plane-wave incidence from the air region. It is underlined
that R is defined in the laboratory frame, i.e., in the rest frame
of the substrate.
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Taking the Fourier transform of Eq. (13) in the x − x0

variable and setting r = r0 in the end, we readily find that

GEE ,kx (r0, r0, ω) = 1

2πε0

∫ ∞

−∞
dky

e−2γ0d

2γ0
C(ω, k||). (16)

Note that the contribution of the self-part of the Green’s func-
tion is disregarded because it does not play a role in quantum
friction. The friction force can be numerically evaluated using
the substitutions Gkx → GEE ,kx and γ̃ → γ in Eq. (11).

The developed theory is rather general and can be readily
applied to calculate the friction force in a wide range of strat-
ified electromagnetic platforms using the system’s reflection
matrix R. In particular, it can be used to analyze the friction
force in various plasmonic platforms (e.g., metals, graphene,
Weyl semimetals) and to study the drag force induced by
a drift current [56–58], including the effects of spatial dis-
persion. Related formulations based on the system’s Green’s
function can be found in the literature [26,32,33].

IV. QUASISTATIC APPROXIMATION

A. General formalism

In the following, we assume that the atom interacts with
a metal surface. In the nonrelativistic limit, the friction force
on the moving two-level atom is mainly determined by short-
wavelength interactions with kx ∼ ±ω0/v; i.e., it is ruled by

the short-wavelength surface plasmons. For this reason, it is
a good approximation to model the interactions of the atom
with a metal substrate using a quasistatic formalism.

In a quasistatic description, one can assume that k|| 
 ω/c
and thereby ω2/c2 → 0 and γ0 → k||. Furthermore, since the
surface plasmons have a transverse-magnetic (TM) polariza-
tion, one can use the result R → Rk|| ⊗ k||/k2

||. Here, R is
the reflection coefficient for TM polarization, which for short
wavelengths can be approximated by

R ≈ −ε(ω) − 1

ε(ω) + 1
, (17)

with ε(ω) being the permittivity of the metal.
In these conditions, the tensor C [Eq. (14)] simplifies to

C ≈ −R(ω)(k|| + ik||ẑ) ⊗ (k|| − ik||ẑ), (18)

so the Green’s function Gkx reduces to

Gkx (r0, r0, ω) = − 1

2πε0

∫ ∞

−∞
dkyR(ω)

e−2k||d

2k||

× (k|| + ik||ẑ) ⊗ (k|| − ik||ẑ). (19)

Substituting the above formula into Eq. (11), we obtain
the following quasistatic approximation for the friction force
(v > 0):

〈
FQS

x

〉 = Pe(t )

4π2ε0

∫ +∞

−∞
dky

∫ +∞

−ω0/v

dkxe−2k||d kxA(kx, ky )Re{−iR(ω0 + kxv)}

+ [1 − Pe(t )]

4π2ε0

∫ +∞

−∞
dky

∫ −ω0/v

−∞
dkxe−2k||d kxA(kx, ky)Re{−iR(ω0 + kxv)}, (20)

where A is f polarization-dependent factor:

A(kx, ky) = 1

k||
|(k|| − ik||ẑ) · γ|2. (21)

It can be checked that for a qubit with a linearly polarized
transition dipole moment and Pe = 0, Eq. (20) coincides
with the result reported by Intravaia et al. obtained using the
fluctuation-dissipation theorem [34] [see their Eqs. (33) and
(34)]. Moreover, for a vertical dipole it is also consistent with
the findings of Dedkov and Kyasov [32] [see their Eq. (78)],
apart from a multiplicative factor, provided the standard semi-
classical model for atomic polarizability is adopted.

It is important to note that the Born-Markov approxima-
tion, used in the derivation of Eq. (20), may fail to accurately
describe quantum friction across a wide range of nonrelativis-
tic velocities [33,59]. Specifically, the Born-Markov result is
only a valid approximation for the friction force when the ki-
netic energy is comparable to (or greater than) the atomic and
material transition energies. This condition establishes a lower
velocity bound, below which the theory becomes invalid. This
issue will be discussed further in Sec. IV C.

We shall suppose that the metal permittivity has the form
ε(ω) = 1 − 2ω2

sp/ω(ω + i�c), where ωsp denotes the surface
plasmon resonance and �c represents the damping (collision

rate). In this case, it is possible to write the reflection coeffi-
cient R [Eq. (17)] as

R(ω) = − ω2
sp

2ω′
sp

[
1

ω′
sp − i�c/2 − ω

+ 1

ω′
sp + i�c/2 + ω

]
︸ ︷︷ ︸

g(ω)

,

(22)

where ω′
sp =

√
ω2

sp − (�c/2)2.

B. Weak-dissipation limit

Next, we consider the weak-dissipation limit such that
�c → 0+. Note that the friction force does not need to vanish
in this limit, as there are decay channels due to the emission
of plasmons, i.e., due to radiation emission.

In the �c → 0+ limit, the g function in Eq. (22) is

Im{g(ω)} = πδ(ωsp − ω) − πδ(ωsp + ω). (23)

Therefore, the friction force is controlled by plasmons with
wave number kx such that ωsp ∓ (ω0 + kxv) = 0, which yields
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the selection rule kx = kP,± ≡ −(ω0 ∓ ωsp)/v. In particular,
the integration in kx in Eq. (20) can be done analytically as it
depends only on the poles of the reflection coefficient kP,±:

〈
FQS

x

〉|�c=0+ = − Pe(t )

8πε0

ωsp

v

∫ +∞

−∞
dky

× [kxe−2k||d A(kx, ky )]kx=kP,+

+ [1 − Pe(t )]

8πε0

ωsp

v

∫ +∞

−∞
dky

× [kxe−2k||d A(kx, ky )]kx=kP,− . (24)

Similarly, it is possible to evaluate the decay rates �±
[Eq. (C3)] that control the time evolution of the atomic state
using the quasistatic approximation. A straightforward analy-
sis shows that

�± = 1

8πε0 h̄

ωsp

v

∫ +∞

−∞
dky[e−k||2d A(kx, ky)]kx=kP,± . (25)

The friction force can be expressed in terms of the decay rates
as follows:〈

FQS
x

〉|�c=0+ =Pe(t )h̄

(
ω0 − ωsp

v

)
�+

− [1 − Pe(t )]h̄

(
ω0 + ωsp

v

)
�−. (26)

Furthermore, from Eq. (10) we see that in the t → ∞ limit
Pe(∞) = �−/(�− + �+). Thus, the friction force after the
atom reaches a steady state is〈

FQS
x

〉∣∣
�c=0+
t→∞

= −2h̄ωsp

v

�−�+

�− + �+ . (27)

As the two decay rates �± are strictly positive, the force is
negative; i.e., it acts to slow down the relative motion, as it
should. Furthermore, it can also be checked that when the
atom is prepared in the ground state, the force is always
negative. Note that in all the previous formulas it is implicit
that v > 0.

A little analysis shows that the integrals for the decay rates
can be written as

�± = 1

8πε0 h̄

ωsp

v

∫ +∞

−∞
dkye−k||2d

[
k2

x

k||
(|γx|2 − |γy|2) + k||(|γz|2 + |γy|2) − ikx(γ × γ∗) · ŷ

]
kx=kP,±

, (28)

where γ = (γx, γy, γz ). The above integral can be analytically evaluated in terms of modified Bessel functions of the second kind
Kn of order n as follows:

�± = 1

4πε0 h̄

ωsp

v
k2

P,±

{
(|γx|2 − |γy|2)K0(2|kP,±|d )+|γz|2 + |γy|2

2
[K0(2|kP,±|d ) + K2(2|kP,±|d )]

−i sgn(kP,±)(γ × γ∗) · ŷ K1(2|kP,±|d )

}
. (29)

The contribution of the terms |γm|2 (m = x, y, z) is strictly
positive. On the other hand, the contribution of the term in
the second line of the formula can be positive or negative
depending on the handedness of the dipole polarization, i.e.,
on the projection of the spin angular momentum along the
y direction. For very small velocities or large distances the
decay rates are ruled by the exponential decay of the modified
Bessel functions and thereby are exponentially weak. On the
other hand, for small velocities, the rate �+ is boosted when
ω0 ≈ ωsp, i.e., when the detuning of the atomic transition
frequency relative to the plasmon resonance is small.

C. Linearly polarized transitions

In order to illustrate our ideas, first, we consider the case
of a linearly polarized atom. Figure 2 depicts the calculated
friction force as a function of v for an atom initially prepared
in the ground state (Pe = 0) for different orientations of the
polarization γ . The force is normalized to F0 = − |γ |2

4πε0
(
ωsp

c )4.
The distance between the atom and the metal surface is taken
to be equal to d = 0.1c/ωsp. For the case of silver one can
estimate that ωsp/2π = 646 THz, which corresponds roughly
to d = 7.4 nm. As seen in Fig. 2, the force tends to increase

with the relative velocity v and is always stronger for the case
of vertical polarization γ ∼ ẑ. The weakest force is obtained
when the atom polarization is perpendicular to the plane of
motion γ ∼ ŷ.

FIG. 2. Normalized friction force as a function of the velocity
for a linearly polarized atom. The atom is prepared in the ground
state [Pe(t ) = 0]. The dissipation in the metal is vanishingly weak
(�c → 0+). The atomic transition frequency is ω0 = 0.1ωsp, and
d = 0.1c/ωsp.
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FIG. 3. Time evolution of the normalized friction force for an
atom with γ ∼ ẑ and v = 0.05c initially prepared either in the
excited state (red lines) or in the ground state (blue lines). The
time normalization factor is t0 = 1/�0, with �0 = 1

4πε0 h̄ ( ωsp

c )3|γ |2.
Dashed lines: substrate with vanishingly small dissipation. Solid
lines: lossy substrate with �c = 0.2ωsp.

Using the asymptotic expansion of the modified Bessel
functions for large arguments, it is simple to check that for
small v the ground-state friction force depends on the velocity
as FQS

x ∼ u7/2e−2u, with u = |kP−|d . In particular, the friction
force becomes exponentially small in the limit v → 0, as
illustrated in Fig. 2. This behavior is consistent with the results
reported in previous works [33,34] for calculations up to sec-
ond order in the atom-field coupling γ . As already discussed,
the Born-Markov approximation can be problematic for very
small values of the velocity [33,59]. The lower velocity limit
can be estimated as vmin ∼ w0d , which, for the plots in Fig. 2,
is on the order of vmin = 0.01c. For smaller velocities, fourth-
order interactions contribute an additional term to the force,
which leads to an algebraic dependence of the friction force
on the velocity, the exact form of which remains the subject
of debate [33].

The function u7/2e−2u reaches its maximum at u = 7/4.
Thus, one can estimate that the velocity that maximizes the
friction force is on the order of vopt = 4

7 (ω0 + ωsp)d (here,
it is implicit that ωspd � 1). This estimate is consistent with
the friction-force peaks in Fig. 2. Furthermore, an identical
estimate was derived in Ref. [34] using second-order pertur-
bation theory. The approach in Ref. [34] also provides explicit
analytical expressions for the friction force in terms of mod-
ified Bessel functions. However, unlike our study, it does not
account for the possibility of chiral-dipolar transitions.

Figure 3 depicts the time evolution of the normalized
friction force when the atom is initially prepared either in
the ground state (red curves) or in the excited state (blue
curves) for the velocity v = 0.05c. The atom is vertically
polarized (γ ∼ ẑ), and the remaining structural parameters
are as in the previous example. The dashed curves are cal-
culated with vanishingly small material dissipation, whereas
the solid curves consider that �c = 0.2ωsp (see Sec. IV E
for a detailed discussion of the effect of loss). As can be
seen, after some transient determined by the total decay rate
(�+ + �−), the atom configuration reaches a steady state,
and the friction force becomes constant. For sufficiently large
velocities, the excited-state probability for t → ∞ approaches

FIG. 4. Similar to Fig. 2, but for an atom with a chiral-type
transition dipole moment.

1/2 (not shown). In the present example, the friction force in
the excited state is larger than in the ground state. It should be
noted that the sign of the lateral force when the atom is in the
excited state is typically unconstrained; i.e., it does not need
to be antiparallel to the direction of relative motion [13,49].
Furthermore, it is also worth noting that for a vertical dipole
the lateral force vanishes in the limit v → 0+, independent of
the initial atomic state. This is because the radiation pattern
of the dipole has a continuous rotation symmetry with respect
to the z direction [49].

D. Chiral-type transitions

Next, we investigate how chiral-type polarized states can
affect the friction force (Fig. 4). To this end, we consider
a circularly polarized atom with a transition dipole moment
γ ∼ 1√

2
(x̂ ± iẑ). Note that the polarization curve is contained

in the plane of motion (xoz plane), as that configuration facil-
itates the interaction with plasmons. For comparison, Fig. 4
also depicts the force associated with vertical polarization.
As can be seen, the chiral-polarized states have a dramatic
effect on the strength of the friction force. In particular, the
force is enhanced for a transition dipole moment of the type
γ ∼ 1√

2
(x̂ − iẑ), whereas it is nearly suppressed for a dipole

moment with the opposite handedness γ ∼ 1√
2
(x̂ + iẑ). The

different behavior is due to the spin-dependent term [pro-
portional to (γ × γ∗) · ŷ] in Eq. (29). It can be shown that
the handedness of the plasmons that copropagate with the
two-level atom (+x direction) in the air region is such that
the corresponding electric field satisfies E ∼ x̂ + iẑ. Heuris-
tically, from the spin-momentum locking [60,61], one might
expect that the friction force will be boosted when E matches
γ , in contradiction to the results of Fig. 4.

The different behavior can be justified as follows. When
the atom velocity vanishes, the light-matter interactions are
mainly determined by energy-conserving terms of the type
ânkσ̂+. Such terms can lead to a resonant coupling because
the field and atomic operators have frequencies with oppo-
site signs (counterrotating terms). Thus, in the absence of
motion the strength of the resonant interactions is controlled
by the overlap term Enk · γ ∗. In contrast, when the relative
velocity is nontrivial, there are energy-nonconserving terms
of the type â†

nkσ̂+, which can be resonant due to the Doppler
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FIG. 5. Normalized friction force for circular polarization
[γ ∼ 1√

2
(x̂ − iẑ)] as a function of the velocity and atom configura-

tion. The structural parameters are the same as in Fig. 4.

shift suffered by the atomic frequency. Specifically, this can
happen when the Doppler-shifted frequency ω0 + kxv be-
comes negative and matches the plasmon resonance −ωsp.
The energy-nonconserving terms are the ones that activate
the friction force when the system is initially prepared in the
ground state. The strength of the corresponding interactions
is determined by the overlap term E∗

nk · γ ∗. The two overlap
terms discussed previously (Enk · γ ∗ and E∗

nk · γ ∗) are evi-
dently maximized for an opposite handedness of the transition
dipole moment. This property justifies why the dipole handed-
ness that maximizes the ground-state friction force is opposite
to the handedness that maximizes the classical light-matter
interactions in the absence of relative motion.

From a different perspective, one can observe that in the
friction problem the interaction between the atom and the
substrate leads to the emission of a plasmon with wave num-
ber kx = kP,− < 0, oscillation frequency ω0 + kxv = −ωsp,
and polarization γ . Due to the reality of the electromagnetic
field, the plasmon with the negative oscillation frequency is
equivalent to a plasmon with positive oscillation frequency
ωsp but with polarization γ∗. Thus, when the interaction
is mediated by negative frequencies, the resonant interac-
tion between the plasmons and the atom corresponds to the

matching of E ∼ x̂ + iẑ with γ∗. This property justifies why
the polarization that boosts the ground-state friction force
satisfies γ ∼ 1√

2
(x̂ − iẑ).

Figure 5 depicts a three-dimensional plot of the friction
force calculated for γ ∼ 1√

2
(x̂ − iẑ) as a function of the ve-

locity and Pe. As can be seen, the force is particularly strong
when the atom is in the ground state and is almost suppressed
when the atom is in the excited state. This result is due to the
fact that the interactions with the excited state are mediated by
positive frequencies and thus are boosted for an electric dipole
with the opposite handedness, consistent with the previous
discussion.

It is relevant to note that the impact of spin-momentum
locking on the frictional force was previously discussed in the
context of quantum interactions between a Lorentz quantum
harmonic oscillator and a metal surface [30]. It was found
that the inclusion of rotational degrees of freedom leads to a
reduction in the friction force and induces a rotational motion
of the atom (“quantum rolling”), which occurs in a direction
opposite to that expected in classical mechanics.

For time-reversal-invariant qubit systems, the presence of
a chiral transition with a specific handedness necessarily im-
plies the existence of a corresponding transition with the
opposite handedness [62]. In such scenarios, a more accurate
representation of a spin-integer qubit is a V-type qubit with
two degenerate excited states connected by time-reversal sym-
metry. The electric dipole moments for transitions between
the ground and excited states are related by complex conju-
gation. As a result, a time-reversal-invariant qubit typically
exhibits effects associated with both chiralities. In qubits with
a V-type structure, the most significant chiral transition is the
one associated with the largest frictional force. As previously
noted, this transition corresponds to the handedness opposite
to what might be intuitively expected from spin-momentum
locking.

Finally, it is important to emphasize that a chiral qubit with
a V-type energy structure does not need to exhibit electromag-
netic chirality in the conventional sense. This is because it
lacks magnetoelectric coupling or a net gyrotropic response
due to the coexistence of both chiralities.

FIG. 6. Effect of dissipation on the ground-state [Pe(t ) = 0] friction force. (a) Vertical transition dipole moment with γ ∼ ẑ. (b) Chiral-type
transition dipole moment with γ ∼ 1√

2
(x̂ − iẑ). The transition frequency is ω0 = 0.1ωsp, and d = 0.1c/ωsp.
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FIG. 7. Density plot of the normalized ground-state friction force
as a function of dimensionless parameters d ωsp/c and ω0/ωsp for
an atom with circular polarization such that γ ∼ 1√

2
(x̂ − iẑ). The

damping rate is �c = 0.2ωsp, and the velocity is v = 0.05c.

E. Effect of dissipation

It is relevant to investigate the impact of material dissipa-
tion in the strength of the friction force. To do this, we evaluate
the integral in Eq. (20) numerically. Figure 6 depicts the
numerically calculated ground-state friction force for atoms
with vertical [Fig. 6(a)] and circular [Fig. 6(b)] polarization
and different values of the metal damping rate �c. It can
be seen that an increase in the damping factor increases the
friction force in the low-velocity regime, whereas for large
velocities the opposite trend is observed. Note that in the limit
v → 0, where the Born-Markov approximation breaks down,
the force remains exponentially weak, albeit with a different
scaling law compared to the dissipationless case [34]. The
behavior is qualitatively similar for both polarizations. The
transition between the two regimes occurs for a velocity on
the order of vopt/2, with vopt being the velocity that maximizes
the ground-state friction force.

It is interesting to estimate the strength of the quantum
friction force. Considering the setup in Fig. 6(b) and a qubit
with γ = 5D = 1.6 × 10−29 C m standing at a distance of
d = 0.1c/ωsp ∼ 7.3 nm above a silver slab, the frictional
force is on the order of 0.3 fN for v = 0.06c.

Figure 7 presents a parametric study of the intensity of the
ground-state friction force as a function of ω0 and d for a fixed
ωsp for a level of loss �c = 0.2ωsp and velocity v = 0.05c.
The transition dipole moment is assumed to be circularly po-
larized. As expected, the friction force is stronger for shorter
distances.

The density plot in Fig. 7 also reveals that the ground-state
friction force is peaked for an atomic transition frequency
ω0/ωsp ≈ 0. This behavior can be understood by noting that
the ground-state force is mediated by plasmons with wave
number kx = kP− = −(ω0 + ωsp)/v, so the confinement of
the plasmons is minimized for ω0 → 0. Thus, for small v, the
interaction between the plasmons and the atom is enhanced
when ω0 � ωsp.

More generally, using the asymptotic expansion of the
modified Bessel functions for large arguments, it is simple to
check that the ground-state force [Eq. (26) with Pe = 0] de-
pends on the transition frequency ω0 as FQS

x ∼ u5/2e−2u, with
u = |kP−|d . This function reaches its maximum at u = 5/4.
Using kP− = −(ω0 + ωsp)/v, we find that the ω0 that max-
imizes the ground-state force in the weak-dissipation limit
is ω0,opt ≈ max{0, 5

4
v
d − ωsp}. Thus, while for small v/d the

maximum is reached for ω0 ≈ 0 as in Fig. 7, for large v/d the
maximum is reached for a finite frequency (not shown).

V. CONCLUSION

In summary, using a nonrelativistic formalism based on
a modal expansion and the Born-Markov approximation, we
derived explicit formulas for the friction force acting on a
two-level system that moves with some velocity v with respect
to a generic material substrate. The friction force is expressed
in terms of the system’s Green’s function and is consistent
with previously reported theories based on the fluctuation-
dissipation theorem. Furthermore, for the particular case of
a metal described by a Drude dispersion model we employed
a quasistatic approximation and derived analytical formulas
for the quantum friction force in the weak-dissipation limit.
In particular, we showed that the ground-state friction force is
maximized for a velocity on the order of vopt = 4

7 (ω0 + ωsp)d
(in agreement with Ref. [34]) and for an atomic transition
frequency such that ω0,opt ≈ max{0, 5

4
v
d − ωsp}.

Our theory highlights the role of the transition dipole mo-
ment polarization in the frictional force, showing that atomic
transitions associated with chiral-type polarizations may make
the dominant contribution to the friction force in a realistic
(multilevel) atom. Furthermore, we showed that counterintu-
itively, the atomic transitions that boost the friction force are
associated with dipoles with a handedness which is opposite to
that expected from naive classical considerations based on the
spin-momentum locking. We demonstrated that this property
is a consequence of the fact that the friction force arises
from interactions between positive- and negative-frequency
oscillators due to the Doppler effect. In typical atomic sys-
tems constrained by time-reversal symmetry, chiral transitions
occur in pairs with opposite handedness. In such cases, the
energy structure of the atomic system resembles a V shape,
and the chiral transition that maximizes the frictional force
becomes the relevant contribution. To conclude, we point out
that our approach can be easily generalized to different plas-
monic platforms, e.g., Weyl semimetals [63,64] and materials
with drift currents [59,65], even when the nonlocal effects are
considered.
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APPENDIX A: POSITIVE- AND NEGATIVE-FREQUENCY
COMPONENTS OF THE GREEN’S FUNCTION

Let G(r, r0; ω) be the system’s Green’s function in the lab-
oratory frame. The Green’s function is defined as in Ref. [49].
In conservative systems the Green’s function can be expanded
into electromagnetic modes. Specifically, −iωG can be writ-
ten as −iωG = G+ + G− − M−1

∞ δ(r − r0) [49,51]. Here, M∞
is the material matrix corresponding to the response of the
electromagnetic vacuum (see Refs. [49,51] for the details),
and G± are the positive- and negative-frequency components
of the Green’s function:

G+ =
∑

ωnk>0

ωnk

2

1

ωnk − ω
Fnk(r) ⊗ F∗

nk(r0),

G− =
∑

ωnk>0

ωnk

2

1

ωnk + ω
F∗

nk(r) ⊗ Fnk(r0), (A1)

with poles in the Re{ω} > 0 and Re{ω} < 0 semispaces,
respectively.

It is useful to write G− in terms of the full Green’s func-
tion G = G+ + G−. To this end, we use the fact that G− is
analytic for Re{ω} > 0. Integrating 1

ω0−ω
G−(ω) over the com-

plex imaginary axis and using Cauchy’s (residue) theorem, it
follows that

G−(r, r0, ω0)|Re{ω0}>0 = 1

2π

∫ ∞

−∞
dξ

G−(r, r0, iξ )

ω0 − iξ
. (A2)

On the other hand, as the function 1
ω∗

0+ω
G− is an-

alytic for Re{ω} > 0, Cauchy’s theorem implies that
0 = 1

2π

∫ ∞
−∞ dξ 1

ω∗
0+iξ G−(iξ ). It is evident from Eq. (A1)

that G−(r, r0, ω) = [G+(r, r0,−ω∗)]∗, so G−(r, r0, iξ ) =
[G+(r, r0, iξ )]∗. Therefore,

0 = 1

2π

∫ ∞

−∞
dξ

1

ω∗
0 + iξ

[G+(r, r0, iξ )]∗. (A3)

Taking the complex conjugate of Eq. (A3) and combining it
with Eq. (A2), we obtain

G−(r, r0, ω0)|Re{ω0}>0 = 1

2π

∫ ∞

−∞
dξ

G(r, r0, iξ )

ω0 − iξ
, (A4)

where G = G− + G+.
Using again G+(r, r0, ω) = [G−(r, r0,−ω∗)]∗ and noting

that G(r, r0, iξ ) is real valued, we see that Eq. (A4) implies
that

G+(r, r0, ω0)|Re{ω0}<0 = −1

2π

∫ ∞

−∞
dξ

G(r, r0, iξ )

ω0 − iξ
. (A5)

Hence, since G−(r, r0, ω0)|Re{ω0}<0 = G(r, r0, ω0) − G+(r,
r0, ω0)|Re{ω0}<0, it follows that for an arbitrary ω (not lying
on the imaginary axis)

G−(r, r0, ω) = u(−ω′)G(r, r0, ω)

+ 1

2π

∫ ∞

−∞
dξ

1

ω − iξ
G(r, r0, iξ ), (A6)

where ω′ = Re{ω} and u is the unit step function. The sub-
script 0 of ω0 was dropped to simplify the notation. Similarly,
it is possible to write

G+(r, r0, ω) = u(ω′)G(r, r0, ω)

− 1

2π

∫ ∞

−∞
dξ

1

ω − iξ
G(r, r0, iξ ). (A7)

Equations (A6) and (A7) give the positive- and negative-
frequency components of the Green’s function in terms of the
full Green’s function.

In order to extend the formulas to the case of dissipative
systems, we need to ensure that the integration path is fully
contained in the upper-half frequency plane. This can be easily
done by noting that since GT (r, r0, ω) = G(r0, r,−ω), we
can express G± as

G±(r, r0, ω) = u(±ω′)G(r, r0, ω) ∓ 1

2π

∫ ∞

0+
dξ

×
[G(r, r0, iξ )

ω − iξ
+ GT (r0, r, iξ )

ω + iξ

]
. (A8)

APPENDIX B: FRICTION FORCE AS A FUNCTION
OF THE SYSTEM GREEN’S FUNCTION

In this Appendix, we write the friction force as a function
of the system Green’s function.

To begin, we consider a Fourier decomposition of the func-
tions G± introduced in Appendix A, such that

G± = 1

2π

∫
G±

kx
dkx. (B1)

Here, it is implicit that the system is invariant to translations
in the xoy plane, so that G±

kx
depends on x and x0 as eikx (x−x0 ).

Thus, G±
kx

e−ikx (x−x0 ) is the Fourier transform of G± in the x − x0

variable. Evidently, Eq. (A8) implies that

G±
kx

(r, r0, ω) = u(±ω′)Gkx (r, r0, ω) ∓ 1

2π

∫ ∞

0+
dξ

×
[
Gkx (r, r0, iξ )

ω − iξ
+ GT

−kx
(r0, r, iξ )

ω + iξ

]
, (B2)

where Gkx = G+
kx

+ G−
kx

. We took into account that the Green’s
function depends only on the relative difference (x − x0)
between x and x0.

The friction force is written in terms of the functions G±
v

defined by Eq. (9). By comparing Eq. (9) with Eq. (A1) we
see that

G±
v (r, r0, ω) = 1

2π

∫
G±

kx
(r, r0, ω + kxv)dkx. (B3)

Then, with the help of Eq. (B2) we find that for positive v,

G+
v (ω0) = −Inr + 1

2π

∫ +∞

−ω0/v

dkxGkx
(r, r0, ω0 + kxv),

G−
v (ω0) = Inr + 1

2π

∫ −ω0/v

−∞
dkxGkx

(r, r0, ω0 + kxv), (B4)
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where

Inr = 1

(2π )2

∫
dkx

∫ ∞

0+
dξ

×
(

Gkx
(r, r0, iξ )

ω0 + kxv − iξ
+ GT

−kx
(r0, r, iξ )

ω0 + kxv + iξ

)
. (B5)

Substituting the above formulas into Eq. (8), we find that the
optical force satisfies (m = x, y, z)

Fm = Pe(t )Fe + [1 − Pe(t )]Fg, (B6)

where Fi = 2{J r
i ∓ J nr} (i = e, g) is written in terms of res-

onant (J r) and nonresonant (J nr) terms defined by

J r
e = Re

2π

∫ +∞

−ω0/v

dkx{γ̃∗ · ∂mGkx (r0, r0, ω0 + kxv) · γ̃},

J r
g = Re

2π

∫ −ω0/v

−∞
dkx{γ̃∗ · ∂mGkx (r0, r0, ω0 + kxv) · γ̃},

(B7)

J nr = Re

(2π )2

∫
dkx

∫ ∞

0+
dξ

[
γ̃ ∗ · ∂iGkx

(r, r0, iξ ) · γ̃

ω0 + kxv − iξ

+ γ̃ ∗ · ∂iGT
−kx

(r0, r, iξ ) · γ̃

ω0 + kxv + iξ

]
r=r0

. (B8)

In this study, we focus on the lateral component of the force
collinear with the direction of the relative motion (x direction).
For m = x, we can use ∂m = ikx in the previous formulas.
Furthermore, as G(r, r0, iξ ) is real valued, it is simple to check
that Gkx

(r0, r0, iξ ) = G∗
−kx

(r0, r0, iξ ). This property implies
that the matrix

Gkx
(r0, r0, iξ )

ω0 + kxv − iξ
+ GT

−kx
(r0, r0, iξ )

ω0 + kxv + iξ

is Hermitian symmetric. Consequently, the integrand of
Eq. (B8) is purely imaginary, and therefore, the nonresonant

term J nr vanishes. Thus, the lateral force is determined exclu-
sively by the resonant terms. This observation yields Eq. (11)
of the main text. Note that the nonresonant term J nr typically
contributes to the vertical (Casimir-type) force.

APPENDIX C: ATOMIC TRANSITION RATES

The decay rates derived in [28] can be written in terms of
the Green’s functions G±

ν defined in the main text [Eq. (9)] as
follows:

�± = ±2

h̄
Im{γ̃ ∗ · G±

ν (r0, r0, ω0 + 0+i) · γ̃ }. (C1)

Now using Eq. (B4), we can express the decay rates in terms
of the system Green’s function as

�+ = 1

π h̄

∫ +∞

−ω0/v

dkxIm{γ̃∗ · Gkx (r0, r0, ω0 + kxv) · γ̃},

�− = −1

π h̄

∫ −ω0/v

−∞
dkxIm{γ̃∗ · Gkx (r0, r0, ω0 + kxv) · γ̃}.

(C2)

We took into account that Inr evaluated for r = r0 is a Hermi-
tian tensor and hence does not contribute to the decay rates. It
is implicit that ω0 has a small, positive imaginary component.

Under the quasistatic approximation [see Eq. (19)]
Eq. (C2) simplifies to

�+ = 1

4π2ε0h̄

∫ +∞

−∞
dky

∫ +∞

−ω0/v

dkxe−2k||d A(kx, ky)

Im{−R(ω0 + kxv)},

�− = −1

4π2ε0h̄

∫ +∞

−∞
dky

∫ −ω0/v

−∞
dkxe−2k||d A(kx, ky)

Im{−R(ω0 + kxv)}, (C3)

with A(kx, ky) defined as in the main text [Eq. (21)].
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